INTRODUCTION
We are concerned with the local boundedness of local minimizers of integral functionals having the form where Q is an open subset of R" (n > 2) and f : Q x R x -~ R is a Carathéodory function.
In the classical theory of regularity (see e.g. [5, 8, 11, 14] ), as well as in more recent developments (including [1] [2] [3] 6, 7, 10, 12, 13, 15, 16, [18] [19] [20] [21] [22] [23] [24] [25] ), the integrand f is usually assumed to satisfy growth conditions 148 A. CIANCHI / Ann. Inst. Henri Poincaré 17 (2000) depending on the gradient D u only through its length or through the sum of functions of the single partial derivatives ux, , i = 1,..., n.
The main novelty in the present paper is that bounds on f are allowed involving functions (not necessarily of polynomial type) of the whole D u . An example of the functionals, not falling within the classes considered in the papers mentioned above, which we are able to deal with is where Q C R~, PI, 7~2 ~ 1 and g is any bounded continuous function.
The local boundedness of (possible) local minimizers of J can be discussed via Theorem 1, Section 2-see Example 3 . Theorem 1 is a special case of the main result of this paper, which is contained in Theorem 2 of the same section. Let us point out that, even in standard situations, Theorem 2 slightly refines some of the results already available in the literature, in that it enables to include also certain borderline cases (Examples 1, 2, 4).
MAIN RESULTS
Our assumption on the integrand f in (1.1) reads as follows:
for s E As shown by the counterexamples of [9, 17] and [12] , regularity of minimizers of J cannot be expected, -even in the simplest situation where f is independent of x and s, if A is subject to the sole assumptions (2.2)-(2.4). Those counterexamples and the results of [7] suggest that a suitable additional assumption for minimizers to be locally bounded should amount to a bound for A in terms of its Sobolev conjugate. An optimal Sobolev conjugate of A is the function An defined as follows (see [4] ). Let [7] , where b(x) was taken = 1. The Caccioppoli inequality for a local minimizer u of J is contained in the next lemma. In the statement, given any ball BR C Q and any t E R, Et,R will denote the set defined by Proof -All the balls considered throughout the proof will be centered at a fixed point of Q. Moreover, all the constants will be allowed to depend on the same quantities as the constant C in (3.13). (3.14) . We have By the convexity of A, by our assumptions on rJ and by Proposition 1 applied to AM, there exists a constant c2 > 0 such that On the other hand, assumption (3.12) From (3.14), (3.17) and (3.19) we deduce that for some cs > 0. Summing up the quantity c5 T A(Du) d x to both sides of (3.20) , dividing through by ( 1 + cs) and applying a standard iteration argument (see, e.g., Lemma 3.1, Chapter 5 of [8] ) yield (3.13). Q 
PROOF OF THEOREM 2
Our approach is related to that of [5, 7, 10] . 
